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@

0

2. Bile =2 « EZ, maks

woe A3 vy o« Oy ¢« 0, v =2

KEarvenas x (1, maks

Jadi (¥ z e B2) 2 <y
DY omawnping Itu v 2 0, weka (2 p = 8 0 ¢

L2973y,

Akibalnya, ooy

Pl
=
=
[
&
£
.

T

2

a

o5

LAty

(Teorons

@« A, kavens -p <

Jadi

“fE oty

Regimpulan, (¥ r & EZ2)

Dengan dewmikian, EZ = @ W { ¢ | O = ¢ v, vy o 1
20, w < 0)) = by

e Y o Sl {Teosrema L1895
2 i g {subastitusi)
Jadi (¥ =z & B3 2 < x

D itu, ¥ oz 0 < X
L28Y, Akibstnva, T B {(Definisi Lidy
¥4 g (Teemma L2
A S R & S S {Teorema L1353
¢ g + x (Teorems L1

karens

C.i



PLAGIAT MERUPAKAN TINDAKAN TIDAK TERPUJI

]

Jadi -qg b ox o ER

jiea}
)]
i
i
i
[on
o
;
%
-
5
s
LS

[N
od
A

(3 x = AME v o« S0 20, v & DY = = 2 4 .

Rarens x = 0 s
A S T {Teorewma L35Y

e T e s _—
A - Cy = 0, Teorans

Sekarang, andaikan

Awbil zebavang v @ B2, maka 0 < 1 < y.

Di sawping itu,. ternvats v Bd, kavens untuk x» 2 0 dan

7 | D

;3

oy {Teorema L35
sehingga - (Teorems L2210
Jadi [2 < E4.

Andaikan B3 = { & | 0 5 8 < %, v « A }.

Ambil sebarang z = I3, maks O

Ternyvata ¢ e B4, kKarvens unibul x

O dan v 2 0, % % 2 + vy

i

gan cema L21, @ < oxob oy,

(Tecrema L35)

Jadi ES <« B4
Pari (13 dan (2), dapat digimpullan Bl o E2.

Deri (2) dan (3), dapat disimpulkan B2 < Q0 o E4).

s

(33 dan (4, dapat disgianpulkan B3 < (@ w E4).
Seowra keselorubhan Jdisimpulkan,

e o B oe 2z o (Bl W EZ WU EZ W B4

K
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e oz o@ [EL W (R w i) v (@ u B3y v E4)]

RN dnblai,

@ s oe (@ U EZ) v A w (B3 U E4)]

Q7w E2Y UG W 4D

e on o [0 W0 W ED W E4]

Teocirenms: RIL.

"ot komuta-

L

Lif,  amsmsosgietil, dan distribubtilf? tevhedap

penjunlahan .
Bulkti:

Anbil sebarang {AIB, (C|D,{(E|F) « R

TAIBYCCID)

N

i

RN
-
[
1
I
ey
S
—
oy
ot
e
St
e
i
—
j—
[
s
nt
i
-
4
P
§
.
=
.
i
<
iy
o~
oy
i3
Ty
X
ANy

= {OIDSCATERS. {Tecrems BES)
b, {CAIBYCIDYI(EIE)
(G =@ wixy | 22D, v20, xei, vel il an-G6)
(EPED {Definisi R9)

= (=G W idxyre | 220, vall 2>0 2«A, vel(,

s o B & o~ HY {(Definisi R9)

A B){i wo g { Y i Y = ﬂ G Y
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i
'?....A

m (AIBYI(CIDY(EIFYY. (Definisi RY)

o, Andaikan (GIHY = {(C{Dy + (EiEY, Maks

{GIHY = (5 = @ w0 f o+ e | o & 0, &8 0, dengan ¢« (O

degn e o« B | H = @ - &Y {Lemms R2Z

ITrnd beravtl, (Vg « Gy [g =0 = (3w« OC3E n e Fidm =0

Sehavang andalkan (JIEY = (AIBYGIHY, maks
Ky = (J =@ U {aid | 220, 320, a2l dan Joe 7
o= & o~ Ty, (Definizi RED

Ravena J = G dan J = 0, maks (3 k « ¢33 1 &« EXk = O

-
et

dapy 1 0= 0Y 3 = k

Akibatnya, (JIEy = ( J = @ W { afk + 1Y | a & 0, k 2 0,

1 =0, &2 = A, ¥ s O, 1 & 57 1 B (omubztitusi)

Sehinggs dengan Teorema LS, (JIEY = { J = @ w { ak + al

| My = @R = [ BT, o AW R =R T T |

D3 samping itu,

CAIBI(CID) =

(H =8 Wise | a0, c20, aaei, casCIiP =g - M
{(Defini=zi RS

Irni berarti, menurut Teorems RE, (MIP)Y @ RT dan

(Yo e MY [p 2 0= (2 h < A3 desCibh 20, d20p =

tach

CAIBICEIT)

(N =@ Uisse | 520, e 20, s &b, e 8 2] T =0 - iy
{Dafinisi RO

Trd beravti, (NITY « R (Teorema BEY dan (VY ¢ &« NY[ g

=

~
Lk

e A §(SE§ oe 1 ?(F ER B WO Q) [ h E
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0

Ra, (MR +» (RiTy = (3 = Q& W {p+ qg | p

poe Modan p 2 0, maka (83 » s AY(E = = )

Demikian Jjuga, karena o « N dan g = 0, maka (83 » & AYS

wos Hy(re = 0, uw &= 0 g = pru.

-t

Jadi dengan substitusi, (818 ~ 8) = (8 U { rz= + ra i

2 0, s 20, w0, dengan v &« A, v &« C, n « Y | @ - &>
Dengan denikiasn J = 8.

Dan dengan Definisi R4, (J{E) = (31Q ~ §) atay
TAIBICCID)Y + (BIFSY = (AIBX(CIDY + (A|BY(E|EY.

Teorems RIZ. Operas]

rhalian pada R beraifat khomutahif.

Bukti:

g, Ambil sebarang (AIBY,(CIBY & B, waks

(AIBYCCIDY = (CIDYAIBY. {(Teorems R1L)

P ]

bl Ambil sebarang (AIB)Y,(CID) & R, maka

{Dafinisi RS

(AIBY(CID)Y = (~(AIBY(-(CID)

S

C-C0IDY Y -CAIRYY {Teorems B1LD
= {CIDYCAIR Y. (Delfinisi RO
¢ Aubil sebarang (AIB) & R dan (CIDS = R, maks
CAIBYCCIDY = ~[0AIRYO-(CIDY Y] Definisi R9Y
=L C-{CIDSCAIRY] (Teosrens RIL1)
= (O CAIRY. (Definiszi B9

¥ A ] oo T N, P P o~ ) * PR oo ~
o Untule CAIBY @« B dan (CJD)y & B, buktl analog.
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o
[
fd

Lemma B3, (¥ {ABY, (CIDY & B 3

'_,.
b
st
s

P

Y

aiin )
"
e

1
b
L,

AR CID Y]
Pukti:
CAIRYO-{CIDYy = ~[{AIBRY(-(~{CIDY 3] (Definizi RO

mo-L{AIBY(CIDY]T. (Teorems RO

Teovaens BI3. Operasi perkalian pada B

Pukti:
. Anbil sebarang (AR, (CIDY,(EIFY & R, maks

CCATBMCIDIICEIF )= (AIBIICCIDEIFY}. {(Teovems RI11)

b. Ambil sebarang (A{BY.(CIDY,(E|F} « R,

o]
o
g

[CAIEX(CIDIICEIF) = [(~(AIBY)(~{CIDYII(EIF)(Definixi R
Kavena (~(AIBYN—(CIDY) & B (Teorems RIDY, wmaks
=(AIB))(-(CID))I(EIF)
LA CAIBI - (CUIDI Y- (EIFY] (Definisi RO
~LC-CAIB I {{-CCIB) 2 (- (EIF)}}] {(Teoprems R11)
2 AL AIRYI TR (TR {Lemma RO
= (~(AIBYYL~{(CIDICEIFY] (Definisi RO
) SRR < it (Lemusz R3)
m (AIBYICCID Y EIFY Y. (Definisl BY)
o, Amubil sebarang (AIR),(CIDY & I dan (EIFY « BY. maka
~(AIBY,~(CID) @ R {(Teorems R7)
Dengan demikian
{CAIBY(CIDIICEIR)
AR D DD (R T (Definizi R9)

= CATRY Y- COTR M (BIT {Teorems R1I1Y
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(-{AIBY - {CLCIDYSIEIF)I] (Definigi RES

CAIBYE(CIDY(EIF Y. Delfinisl RE)

s

.

d. Ambil ssherang (AIBY,(CIDY ¢ B dan (EIFY & R, maks
""" (EITY = R {Teorema R7)
Sehingga,
{CAIRY(CIDYY(EIR)
AV CAIBICTR YN =(EIF 3] {Definisi RO
~LCAIBY{(CIDY(-(EIFY] {(Teorewms RILD
T (AR - L(CIDM(~-(RIFYYY] {Lemma R3)
CAIBYI(CIDI(EITE Y. (Definisi RYD
Untul hepungkinan Ilsinnva, buk
Lemma Rd. (¥ (AIB),(CID) & R (AIBYCIDY & R dan
(AIBY + (CID) & R
Bukti:
Anbi) sebarang (A|BY,(CIDY & R
a, (AIBXCIDY = [-{AIBYIL-CCIDn] (Befinizi ROY
Menurut Teorema R7, -(A|BY,-(CIDY « R, maks
[-CAIBYIL-C(CID}] & R, CTeorens R10D
b, (AR + [~-{CIDY] = ~{{AIBY + {C|Dy] {Teorens REY
Mermrut Teorems BB, ~(A|BY, -(CIDY « R, maka
[-CAIBY] + [~¢CID)Y] « R {(Teovems R10)D

~[CAIBY + (CiIDY] & R {Teorems RS

=
-

CAIRBY + (CID) «

(Teorema RT)

Teorems Rid. Operasasi perksalisn pads B bergifat distvi-

hutif Lerhadsp pendumlahan.
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Bubkti:

L . g " Y e * e g oo
. Aubill sebavang (AR CCIDY,(BIFY = B, maks

(ATBYLCCID)Y + (EIF2Y = (AIBYCCTIDY + (AIRY(EIFS

(Teorems BE11D)

b Ambil sebarang (AIRY,(EIPY & R, (CIDY & R, dan

3

R

(CIDYy + (E|EF)

Hil

L

FAFY = (BIFy 4+ {4CIDY - (2iDyY (Teovewa R4, Teoroma R3D
= {(CIDy + {BIFY) + (~(CIDY)
{Teacyemna RZ2, Definisi RBEY
(AIBY(EIFY = CAIBY{LCID)Y + (E{TF33) + (~{C{D>)]
.

Karena ~(CIDy & R dan (CIDY + (H|FYy « B, maks

CAIBYETIE) = (AIRY{(C

Dy o+ (EIFY; + (AIR) (~{CID))
{Teorsws BLI)

CAIRILCID Y+ (EIFST + [-(ARYCIDY]

{Lemng B3

Dengan denikian,

Bi(E]

b
R

CATRY(CIDY + (A

(A1BY(CIDY + [(AIBY{(CID) + (EIF)} + {~(AIBX(CID}}]

"

Pl
e
o}
e
=
P
L
e
By
P
=
=i
X
falad
o
—

{Teorems RZ, Teorema RE3D

DY + {BEIFYT. {Teorems Bdx

7
i
T
o,
3

s
o
f

=)
S
]
i
"
"
y
[oN

o

a. Awmbil sebavang (AR
(CCIDY + (EI1Fyy & B . Maka

CAIBYL(OIDY +

-~
i

SLCATRT-{00IDY + (EiTF)1]

fNefinisi RAY

kavena —{{CiDRy + {(EIFYY = {(~CCIDYy + (~{ElIF¥y & B, maka
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pok
e

CATRMICCHID Y + (EiFy]
SACATEYC-(CHDYY & (AR -(RIEY Y] {Teorema Rid. b
SECATB -0 ]+ D-LCATRY - (EIF 1] (Teovenn RE)

= CATBSCCID Y + (AR~ BIF

= {AIBYCTEY ¢ (AIRY(EIE)Y. {Teorema RH
d. Ambil mebsvang (AIR) & R dan (CIDY,(EIFY & R, maks

)

sehingsn
(AIBYECTIDY + (R
~TCAIRSI-ECCIDY + (EIFYT Y (Definizi R9)

AR T (FCEIFY Y] {Teorema R3)

CAIBXICOIDy + (BiF) =
TCAIRYC (DY) + (AIRY(-(BIEYY] (Teorsma R11Y
st {:(&{&1}){ COMD Y] + [-{{AIBY-{(BEIFY Y1 (Teoremns REY

= (AIBSCCIDY + [AIRMEIF). (Definisl RS)

e. Amhil mebasrsng CAIBY,{CIDY, (BIFY & R, Haks

o
o
r»_.
r"\
LJ
-
s
e
et
Fee

(~(ATRY-{{CIDY + (BIFYY] (Definisi RO
(~CAIB[(-{0IDYY ¢ (~{(BEIFX) {(Teovemns RE)

(AR (-(CIDY )Y + (~{ATEX(-{(BIF))
{Teorems R11D

= (AIBYCCIDY + (AIBS(EIEY. (Definizi RY)

) ' e . . .
T, Awbil sebarang (AR (CIDY = B, (CIDy + (BIFY & R

Maka (AJBRM(CIDY + (EIFY}
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P CATBY Y ICCID)Y + (E1EYI] (Definisi R9)

o
e

PalN
A,

oD CATEIYICHD Y ¢ (C(AIRIY(EIFYY (Teorems Ri4d. b

PR

SCATBIYC-(CIDYY 4+ (AIBY(E|F)

(Lemmna BE, Definisi REY

ol

(AIBI(CIDY + (A[BI(EIE). Definisl R9

g. Awnbil sebarang (AIR),(CIDY & R, {CID) + (BIFY &« B
(-CAIBM-TCCIDY + (HIFY1] thefinisi RS)
ATBYYI(-(CIDYY + (~(E{F331 {Taeoremns RED
CoCAIBIX-(CIDY + (~(AIBYI(~(EIF3) {Teorema RIid4 I
(AIBICCIDY + [~{(-CAIBYEIF}1(Definisil RY, Lemms BRI

= (AIBRYCCIDY + (AIRY(EIF . (Definisl RG)

h. Ambil zebarang (AIB)Y @ R dan (CIDY,(R|FY & R™. Maks

(AIB{CCID) + (E{F)]

- (AR ILCIDY + (BITH3] {(Definizi RS9
= -LO-CATRIYCOIDY o+ (-(AIRBYY(E{FY] (Teosrena R1L)
SPC-CATR Y CCID Y + [-{ (AR EIFYL) {Lemopn R3)
CATRICCIDY + (AIRBY(EIFY. (Definisi RS

i. Andaikan (AIBR) = 07, maks (¥ (CIDY,(EIF) « R)

0¥ {(QiDy + (EIE)} = 0F (Definisi RY)
= 67(QIDy + 0 (R
(Definisi REY, Teorems R4

{

Andaikan (CIDy = O, maka (¥ (AIBY,(F

- Fy e Ry

Lk . )

CAIBI0 + CEIFYY = (AIBYEIRY (Teorema R4D
# . \

0+ (AIBYEIF (Teovens R4

CAIBYEY + (AIBY(EIFY. (Definisi RY)

£



PLAGIAT MERUPAKAN TINDAKAN TIDAK TERPUJI

188

Gefinist RB1O. Flewnen-elemen B dengesn Definisi R4, Defi-

nizmi RE, Definisi RE2 disebut bilangsn Real

Definisi Rite. . (AIBY < {CIB) hila dan hanys bila A < C,

virbuk tiap (AR, (CID) & R.

b

Bila (AIRY & (C{DY bila dan hanys bila

CATRY « (D) atauw (AR = (CID).

]

(AIBY = (CID) bila dan hanya bila

TN
o
2
-
Ay
\
P
=
=
it
—

1. (AIBRY & B & 0 < {AIBRY,

Teoremnms RIi%. Untuk setiap (AIBY.(CID) « R, maks satu dan
hanvae satu i antarvas pernyatasn berlhub be-
FiE T

a. (AlB) = (C

e
]
s

—

-

N g

,

Fa
.
s

R
[
o
e

a. (C1D)

Eas
P
f=
st
S

Pulkti:

i
ot
o
A
jo

1. Pembuktisn dengan menunjukkan bahws paling sedikit s:
satn dari ketiga pernvabasn ity benay.

Andaikan pernyvabasn (8) dan (b)) tidak dipenubi.

Muka menurut Definisi R4 dan Deflinisil R1I, A » O dan A ﬁ

0.0 Tni hevarti (25 v s Ay v ow O

Jaeli, bils = = ¢, maks & = r. Sebab, bils » < =5, maks
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menuret Definisi R, o

o
-’

Jandubnya, akan Lalws bidsk  ads  dus

() dan (o)

perny

y pernvatasn (a

wennrut D

Anchai kar

finisi B dan Definisi R1L, A = O dan A < C. Ini herar-

Pernyvanaan o a1 bnt tidael wmungkin terd

Den

o demikiag mungkin pernyvatas

bransy ca L iEus .

Untuk hemunglkinan lain, bubti analog.

Kesimpulan (davi (L) dan {3115 untuk CAIRY, (CIDY =

B, satu dan sty dari parnyv

D.oB 1 o Resal Basionsl dao Bilsn Trrasional

Deefinisi RiI2. Uptuk setisp (ABY = R, bila B wpewnpunyal

anggota  terkecil p, maks (AR kita lam-

A B

o

Lemws RE, (¥ (A By = R) ~(A B ) = (A 82 .
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b

Ardaikan  ~(A

)

e

H
Pt
o
o
S

Mala wow
“® P <oy (Definisi RED

£ A o {Loempa L2)

= o A Ri2 dan Delinizi RIL

Kesimpulan C = A

Definiasi R4, (A

i
~
i

Teorems RiG. (¥ A (B Y (A IB 5 & R

Pukti:

a. Andsikan (Apiﬂw} + (A iﬂq} g £A5H3>a makn

{ﬁtiﬁt} = {AL = el s T ow ooy, xa b,y = A_i _'}-i}?r}t =

AR £t> {Definizi RE)Y.

Amb il sebarang r = A, maks

pomoy o4+ v, o< op odan v o< og {Definigi RE, Defini=i R1>
(R I S VG O | {Teovems L3227

<P o4O Camubstitusi)

(Definlsi RL)

Jadi A o A
t gy

Anbil  sebarvang o =

. + . . - .
Ambil v e 8, sedemibisn sehingga
A ST - <R (Teorema L1583

Malka g v {p o~ vy 4+ {ago- v (Teorens L14, Teovems L3)
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manz po- v o A den g - v e A (Definisi RIM.
i <f N i

Maka & & A, sehingega A <A

Re

Dengan Definiad

[ [EERe .

simpulan ﬁf = A

kA &
oy

t

i

-

4 CA IR Y = (A B ) sebhingga

S REEN . AL s pa Y
i i Frb oo T
- f Y

43 EE : B4 N Wi j;-
i i <f < jER S SRl

[e=y

(“.EBW)(AﬁEB‘} = (A IR YA B Y Csubstitusil)

o0 (Pefinisi
0 (Definisi
= (Aﬁggﬁ) (hefinigd

L '}Gr;‘z 'c'.;r;r /

frep o e

S

Regimpulan (A (B A B ¥ = (A B

2 g Hog Y pag

Ciiy Ambil p = 0O dan g < &, Haka

RED

RG2

D

REY

Neod b {Teorens L1113

= (A B 3y (Tecrema L11, =zubstitusi)

U n oy i EEERTT TR R RE AE substitngi
{ [.lp 1B Aq 5 q> { [En i3 . 3 A, T Comubaetitngil)

e 4
o NN . P
= 0 (Angpj (Definisi

P il

= ) (D

- 8

B3 (Definisi

RE

RE

(A HB 0 {(Teorems L11)

Jadi (AY{B§){&_§B b SN WS

i et o S ey ! R

111y Andailkan (A (B Y. (A B D & R
P g9 g

Maks p > O dan g > O, sehinggs pg » 0.
Andaibkan (A 1B Y = (A IR 3{A 1B Y. Haks
4 i ) =3 ] [+

{Atﬁa} moCA "/ W D ors Lo o2 D0 s B0, pom A

Andaikan v « A maka v e B stau vy o« { rz | v B
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